APXH 1H> YEAIAA>

EIZArQriKEzZ EZETAZEIZ TEKNQN EAAHNQN TOY EZQTEPIKOY
KAI TEKNQN EAAHNQN YIMAAAHAQN MOY YMHPETOYN 2TO EZQTEPIKO

TETAPTH 4 ZENTEMBPIOY 2019
EZETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2YNOAO ZEAIAQN: TPEIZ (3)

©OEMA A

Al. Eotw f pia ouvdaptnon mapaywyioiun oe éva diaotnua (a,B), pe
e€aipeon iowg éva onpeio Tou X,, oTo otmoio 6pwg n f eival ouvexng.
Av f'(xX)>0 o1o (a, x,) ka1 f'(X)<0 oTo (X,, B), va amgdeifete 611 T0
f(x,) eival Tomkd péyioto Tng f.

ovadeg 7

A2. 'Eotw f pia ocuvdptnon opiopévn oe éva didoTnua | ®VONAlOoUpE
apxIkf ouvapTtnon n mapayouvoa tng f oto AF '

Movdadeg 4

A3. Na diatutTTwoeTe TOo Bewpnua pEong oU dlagpopIikoU Aoyliouou
KOl va TO EPUNVEUCETE YEWHETPIKA

Movdadeg 4

A4. Na xapakrnpiocere 1IC TPOFGO U akoAouBoUv ypagovrag oTo
TETPGOI6 oag, OimAa or0 ypa U avTioToIxEl o€ KGBe pdoraon, 1N

Aéén ZworTo, av n m i oworn, n Ad@og, av n mpdéraon givai

AavBaouévn.

a) H ypagikh gra N ng |f| amoTeAeital amd Ta TUAMATA TNG
YPOAQIKAGATLARA O ¢ tn¢ f mou Bpiokovralr mavw amd TOV
a¢ova Q('X& O TA CUMMETPIKE, w¢ TPo¢ Tov déova XX, Twv

n

TUNHATW a@IKAG Tapdotaong tn¢ f mTou BpiokovTal KATW

6 \v Gdéova.
B) vexn ouvaptnon f oto didotnua [a, B], 1oxver:

B
Av f(x)dx =0, 161e f(X)=0 yia kabe x €[a, B].
v) Eva Ttomk6 péyioto piag ouvdptnong f  umopei va eival
HIKPOTEPO ATIO £va TOTIKO eAGyioTo Tng f.
5) Av Ilimf(x)>0, téte f(x)>0 yia X Kovta oTO X, .
X=X,
€) Mia moAuwvupik ouvdptnon f:R —> R &Siatnpei mpoéonuo o
KGBe éva amd Ta dlacoTAPATa oTa oTroia ol diadoxikég pileg Tng f

Xwpifouv 1o TTEdio OpIOCPOU TNG.
Movadeg 10

TEAOZX 1H> ATIO 3 SEAIAEX




APXH 2H> SEAIAA>

©OEMA B
AivovTal o1 CUVAPTAOEIG

f:R—>R pe 10mo f(X)=x*+1 «a
g:[2,+0) > R ue 100 g(X)=X—-2 .
B1. Na amodeifete oO11 n ouvdptnon (gof éxel medio opiopyol 710

A =(-00,-1]U[1,40) ka1 100 (gof)(X)=+vx*-1.
Movdadeg 7

B2. Na efetdoete edv umdpxel 10 O6plo O0TO X, =2 TnG OUVAPTNONG

f)(x
h:A-{2} > R pe 10mo h(X)=w. &I
X_
ovadeg 9
B3. Na Bpeite Tnv €iocwon tTng s@amtouévng TnG ypa apdoTaong
Tng ouvdaptnong geof oto onueio pe TeTunué =0/§.
Movdadeg 9

%,

OEMA T
Aivetar n ouvexng ouvaptnon f 40, —> R, yia tTnv omoia 1oxUel OTI
1

f(X)-f'(X)=— yla Kdalee X 0 kai omoiag n ypaeiki mapdaotaon C,
SIEpXETAl ATIO TO OI‘]%I OTW TO ONeio A(— 0) .
r. Na omoéslgs N X €[0, + o) .

Movdadeg 6
r2. o 611 To onueio M eival To povadiko onueio Tng C, mou

améxEl o onueio A 1Tn pikpdTEPN amdoTaaon.

Movdadeg 7

3. Na amodeifete 611 n epamrouévn Tng C, oto onpeio M eival kdBeTn

otnv guBeia AM.
Movadeg 6

F4. Na utmrohoyioete 1o epBaddv Tou Xxwpiou Tou mepikAeietal amoé 1 C,,

Tov a€ova X'X, Tnv guBeia X=1kal Tnv gubeia X =2.
Movadeg 6

TEAOZX 2H> ATIO 3 JEAIAEX




APXH 3H> SEAIAA>

OEMA A

Aivetal n ouvaptnon f:R 5> R, ye tomo f(X) =

A1,

A2.

A3.

A4.

X3

3x*-3x+1
Na amodeifete 611 n f gival yvnoiwg atfovoa oto R.

Movdadeg 6

Na Bpeite TIC QOUUTITWTEG TNG yYpPAQIKAG TapdoTaocng TNG
ouvaptnong f.

Movdadeg 7
Na amodeigete o1 f(X)+f(1—Xx)=1yia kdbe XeR.

ovadeg 4

Na amodeifete 0TI TO eufaddv ToUu Xwpiou TTOU TIE ei€Tar amd 1N

ypaiky mapdactacn tn¢ f, tov dafova algTn¥Weubeia x=1
1
ioouTal g —.
2

Movdadeg 8

OAHEIEZ {yia EeTalopévoug)
2

aypdyete 10 €€€TAlOPEVO PABNUA. ZTO ECWQUAAO
TE TA OTOMIKA OOG OTOoIXEid. ZTNV apXn Twv
TE TTAVW-TTAVW TNV nNUEPOMNVia Kal 1o €geTaldpevo
€TE Ta BEPATA OTO TETPADIO KAI VO N YPAWETE TTOUBEVA

MABnua. Na pnvaov

OTIG ATTAVTAQ % Voud oag.

Na ypdWeTE TO OVOPATETTWVUNO 0AG OTO TTAVW HEPOG TWV QWTOAVTIVPAPWY AUECWS
rapadobouv. Tuxév onupelwoelg oag Tavw oTa Bépara dev Oa

00UV o€ Kapia mrepimrwon. Kard tnv amoxwpnorf 0ag va TTapadwoETe

padi ue To adIo Kal Ta QuToavTiypaga.

Na atravTioeTe oTo TETPADIO 0ag o0& OAA Ta BEUATA POVO pE PTTAE 1] pOvVo e paupo

OTUAG e peAdvi TTou dev orvel.

Kd&Be atr@vrnon emoTNUOVIKA TEKUNPIWKEVN Eival ATTODEKTH.

Aldpkeia e€€Taong: TPEIG (3) WPES META TN SIAVOUN TWV QWTOAVTIYPAPWYV.

Xpdvog duvathg ammoxwpnong: 17:00

TAVW-TTAVW Vv
OTTAVTAOEWV 4O va

2A2 EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOZX 3H> ATIO 3 SEAIAEX




