APXH 1H>Y SEAIAAY - T" HMEPHYIQN & A” EXTTEPINOQN
EMNANAAHNTIKEZ MANEAAAAIKEZ ESETAZEIZ
" TA=ZHZ HMEPHZIOY KAI A" TAZHZ EZMNEPINOY ENIKOY AYKEIOY
TETAPTH 4 ZENTEMBPIOY 2019
EZEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2ZYNOAO ZEAIAQN: TPEIZ (3)

OEMA A

Al.

A2.

A3.

A4.

‘Eotw f pia ocuvdptnon mapaywyiciyn oe éva diaotnua (a,B), ue
e€aipeon fowg éva onpeio Tou X,, oto otmoio 6ywg n f eival ouvexng.
Av f'(xX)>0 o1o (a, x,) ka1 f'(X)<0 oTo (X,, B), va amaBeifete 611 TO

f(x,) eival Tomkd péyioto Tng f.

ovadeg 7
‘Eotw f pia ouvdptnon opiopévn oe éva diaotnua AT ovopdloupe
apXikn ouvaptnon i mapayouoca tng f oto A, 4
Movdadeg 4
Na dilaTuTTwoeTe TOo Bewpnua péong ou OIaQOopIKOU Aoyliouou
KOl vO TO EPPNVEVUCETE YEWHPETPIKA
Movdadeg 4
Na xapakrnpicere 11 mTPOIG OU akoAoubBouv ypdeovra¢ OTO

Aéén Zwartd, av n meo j oworn, n Aa@og, av n mporaon givai

AavBaouévn.
a) H ypagikn cro& nYtng |f| amoTeAgital amd Ta TUAPaATa TNG
10

YPAPIKAG n¢ tn¢ f mou Bpiokovralr TAvw amé TOV
dfova Y&) 6 TA CUMMETPIKE, w¢ TPo¢ Tov dfova XX, Twv
TpnudTw& agikn¢ mapdotaong tng f mou Bpiokovral KaTw
o] v dgova.

B) uvexrn ouvaptnon f oto didotnua [a, B], 1oxver:

Av f(x)dx =0, 161¢ f(X)=0 yia ka6e x €[a, B].
y) Eva T1omkd péyioto piag ouvdaptnong f  pmopei va eival
HIKPOTEPO aTd éva ToTIKS eAaxioTo Tn¢ f.
5) Av Ilimf(x)>0, 16te f(X)>O0 yia X kovta oTO X, .
X=X,
€) Mia moAuwvupikn ouvdptnon f:R —> R diarnpei mpdonuo oc
KGBe éva amd Ta dlacoTAPATA oTa oTroia ol diadoxikég pileg Tng f

XwpiCouv 1o TTEdio OpIOCPOU TNG.
Movadeg 10
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APXH 2H> EAIAAY - T" HMEPHZION & A” ESTTEPINQN
OEMA B

AivovTtal ol ouvapTAoEIg
f:R—>R pe 10mo f(X)=x*+1 «al

g:[2,+0) > R pe 100 g(X)=Vx-2 .
B1. Na amodeifete oO11 n ouvdptnon (gof €éxel medio oplopyol 710
A = (-00,-1] U[1,+) kai 100 (gof)(X)=+/x* -1 .
Movadeg 5

B2. Na Bpeite TNV 0aoU0UTTWTN TNG YPAQIKAG Tapdctaong Ttng (of

OTO +00.
Movadeg 6
B3. Na egetdoete €dv UuTApXeEl TO OpPIO OTO X, = &wvdpmong
f)(x
h:A—{2} >R ue 10m0 h(x)=w.
X_
< Movdadeg 6
B4. ‘Eotw n ouvdpTtnon
N (LU
1-x2, 1)
Na eéetdaoeTe av TAnpouvTal Ol oU €oelg Tou Bewpnuartog Rolle
yia Tn ouvaptnon t(x) = @(x) 10 diaoTnua [0, 2].
Movdadeg 8
’%
OEMA T * \

Aivetal n ouvexfg LN n f:[0, +©) > R, yia tnv omoia 1oxvel OTI
1
f(X)-f’(X)=E £ x>0 kal Tng omoiag n ypagiki mapdoTtacn C,

5IépX£TGI& pueio M(L, 1). ‘EoTtw 10 onucio A(g, 0) .
r1.

Na amodeifete OTI f(X)=\/;, x e€[0, + o) .
Movdadeg 6

2. Na amodeifete 671 To onueio M eival 1o povadiké onueio Tng C; mou
amméxel amd 10 onpeio A Tn pIkpdTEPN amdoTAON.

Movdadeg 6

3. Na umoloyioeTe To epfaddv Tou Xwpiou Tou mepikAeieTal amd 1n C,,

Tnv epamtopévn Tng C, oto onueio M kai Tov d&ova X'X .
Movadeg 7
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F4. Aivetar emimAéov pIa OUVEXNG KOl yvnoiwg @Bivouoca ouvdaptnon
g:[0,+o) > R, yia tnv omoia 1oxvel 0<g(X)<1l yia kaBe x=>0. Na
deifete o1 n efiowon f(X)=0(Xx) €éxer povadikhp pifa X,, n oToia
avikel ato (0, 1) .

Movdadeg 6
OEMA A
X3
Aivetar n ouvdptnon f:R 5> R, pe 1010 f(X) = —5—F——
3X°=-3x+1
A1. Na amodeiete 611 n f gival yvnoiwg atfouoa oto R.
Movdadeg 4
A2. Na amodeifete o011 f(X)+f(1-X)=1 yia kdb6e xeR 16eg 2) Kal

oTn ouvéxela va atmodeigete OTI TO €PPaAdOV
mepIKAgieTal Ao TN ypa@iky mapdotaon Tng f, 10

piou TOU
X'X kail Tnv

1
guBeia X=11000TQI P& > (hovadeg 4). *

Movdadeg 6
1

A3. Na amodeigete 0TI I 2f%(x)dx <1 | @

0

Q Movdadeg 6

A4. Na AUoeTe o10 didoTnua (0, eCiowon
f(nu2xy = f(epx - V¥~
. x\ Movadeg 9
L3 &I‘I 2 (yia Toug g&eTalopévoug)

1. Zto g§wou %s adiou va ypdwete 10 €€eTalOUEVO PABNUA. ZTO E0CWQUAAO
) MTTANPWOETE TA OTOMIKA OAG OTOIXEId. ZTNV apXf Twv

artrav ; va ypAWeTe TTAVW-TTIAVW TNV nUEPOMNVia kal 1o egeTalduevo

AVTIYPAWETE Ta BEPATA OTO TETPADIO KOI VA UN YPAWETE TTOUBEVA
OTIG ATTAVTH@EIS 0AG TO OVOUG 0OG.

2. Na ypayeTe TO OVOUATETTWVUNO 0OG OTO TTAVW PEPOG TWV QWTOAVTIVPAPWY APECWG
MOAIG cag TrapadoBouv. TuxOév onupEIWoEIS oag TAvw oTa Bépara dev Oa
BaBuoAoynBouv og Kapia TTepiTTTWON. Katd TNV amToXWPENOor 0ag va TTapadWOoETE
Madi Ye To TETPADIO KAl TA GITOAVTIYPAPA.

3. Na ammaviioete oTo TETPASIO oag 0 OAa Ta BEuata pévo pe PTTAE | HOVOo e Haupo
OTUAO JE JeAAvI TTou dev OBrVel.

4. KdaBe atrdvrnon mMOTPOVIKA TEKUNPIWUEVN €ival aTTOOEKTH.

5.  Aigpkeia g¢ETaong: TpeIG (3) wpeg HETE TN SIAVOUT TWV QWTOAVTIYPAPWV.

6. Xpovog duvaTtig amroxwpnong: 17:00

2A2 EYXOMAZTE KAAH EMITYXIA
TEAOZ MHNYMATOZ
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